
Abstract. Spectral characteristics of laser systems used for
precision two-photon spectroscopy of the 1s ë 2s transition in
the hydrogen atom are analysed. The spectral properties of
radiation from a 972-nm external-cavity semiconductor laser
stabilised by external monolithic cavities of different coné-
gurations are considered in detail. The classical cavity scheme
with a horizontal axis and a new scheme with a vertical axis,
which is weakly sensitive to vibrations, are considered. The
emission spectrum of a stabilised laser exhibits a narrow
central peak and a pedestal caused by the residual phase
noise. The semiconductor laser stabilised with respect to the
vertical-axis cavity emits the line of width less than 0.45 Hz,
which contains �99% of the total output power. The
transformation of the emission spectrum upon frequency
doubling in nonlinear crystals is investigated. The laser
system developed in the study provides the narrowing of the
recorded 1s ë 2s transition line in the hydrogen atom down to
2 kHz at 121 nm.

Keywords: ultrahigh-resolution spectroscopy, stabilisation by the
reference cavity by the Pound ëDrever ëHall method.

1. Introduction

Considerable recent progress achieved in high-resolution
laser spectroscopy is related to the possibility of observing
narrow (�10 Hz) atomic transition lines in the visible and
UV spectral ranges [1 ë 3]. The spectroscopy of such narrow
resonances requires highly stable lasers emitting very
narrow lines of width considerably smaller than the
transition linewidth. This stimulated the development of
methods for stabilising laser systems to achieve subhertz
spectral linewidths for lasers emitting lines of width of a few

tens of megahertz in the unstabilised regime and tunable
within tens of nanometres. Such a considerable laser line
narrowing is achieved in most cases by using the electronic
frequency stabilisation with respect to the transmission
peak of a high-Q monolithic Fabry ë Perot cavity. This
method provides the narrowing of the laser line to the
width that is almost completely determined only by vib-
rations and thermal êuctuations of the reference cavity [4].

We studied the 1s ë 2s two-photon transition in the
hydrogen atom with the natural linewidth equal to
1.3 Hz. The transition was excited in a cold atomic beam
by a stabilised laser system at 243 nm (see, for example, [5]).
At present laser systems of two types are used for this
purpose: (i) a Coumarin 102 dye laser emitting radiation at
486 nm, which is then frequency-doubled in a barium beta
borate crystal [5, 6] or (ii) a semiconductor laser emitting
radiation at 972 nm, which is ampliéed in a horn-type
ampliéer and then is converted to the 243-nm radiation after
two successive frequency doublings [7]. Unlike other laser
systems used for the spectroscopy of laser-cooled localised
atoms and ions [1 ë 3], the interaction time with hydrogen
atoms in the laser beam in the laser systems under study is
�1 ms, which requires the use of high-power laser éelds
providing high Rabi frequencies (�1 kHz) for a weak two-
photon transition. In addition, successive frequency dou-
blings impose rigid requirements on the fundamental
radiation spectrum of the laser. Note that from the point
of view of the spectrum conversion, two-photon absorption
is equivalent to the second harmonic generation [8].

In this paper, we consider two 972-nm reference cavities
that we developed to stabilise the frequency of a semi-
conductor laser. The cavities are assembled by using a new
scheme with the vertical axis, which considerably reduces
their sensitivity to vibrations and allows the development of
compact laser systems with excellent frequency-phase char-
acteristics [9]. We analysed the spectral characteristics of the
laser system stabilised with the help of these cavities and
compared them with other cavities at our disposal. The
transformation of spectral characteristics of radiation of the
diode laser system upon frequency doubling in a nonlinear
crystal was studied. By using a 972-nm laser stabilised with a
vertical-axis cavity, we recorded spectra of the 1s ë 2s
transition in the hydrogen atom and compared them
with spectra recorded earlier by using other laser systems [7].

2. The Pound ëDrever ëHall method

The high stability of the laser radiation frequency can be
achieved only by the active stabilisation of the laser cavity
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with respect to the external reference cavity well isolated
from external perturbations (see, for example, [3, 5, 10]).
The laser radiation frequency can be locked to the
transmission maximum of the external cavity by different
methods, for example, by using optical feedback from the
cavity or electronic feedback loops. Lasers used in precision
spectroscopy are commonly stabilised by the modulation
method proposed by Pound, Drever, and Hall (PDH) [11],
which is illustrated schematically in Fig. 1. Laser radiation
is modulated by phase with an electrooptical modulator at
frequency O (usually, tens of megahertz) and is coupled into
a stable cavity. The radiation reêected back from the cavity
is detected with a photodetector whose output signal is
heterodyned in a balance mixer with a radiofrequency
signal of the same frequency O. After heterodyning, the
signal passes through a low-frequency élter and is used as
the error signal in a feedback system controlling the laser
frequency.

To obtain the error signal in the PDH method, we
represent the output signal of the photodetector as a result
of the interference of two waves, one of which appears after
the propagation of radiation `stored' in the cavity through
the front mirror and the second one appears upon the
reêection of radiation incident on the front mirror:

Spd /
D
jTA1 exp�i�o0t� f1�� ÿ RA exp�i�o0t� f

�fmod cosOt��j2
E
� ��TA1�2 � �RA�2

ÿ2TRAA1 cos�Df� fmod cosOt��, (1)

where T and R are the amplitude transmission and
reêection coefécients of mirrors; o0 is the radiation
frequency; A is the incident wave amplitude; A1 is the
amplitude of the wave incident on the front mirror of the
cavity from inside; f and f1 are the phases of these waves,
respectively; fmod is the depth of phase modulation of the
incident wave; and Df � fÿ f1 is the phase difference of
the two light waves. The angle brackets denote averaging
over the photodetector passband. Taking into account only
low-frequency spectral components in the heterodyne
signal, we obtain the error signal

Serr � hSpd cosOt i / TRAA1fmodJ0�fmod� sinDf, (2)

where J0(fmod) is the Bessel function the érst kind. Because
in the case when the laser is preliminarily stabilised by the
cavity, the phase difference between radiation and a
standing wave is small, the error signal proves to be
proportional to the phase difference: Serr / Df. One can see
from this relation that the stabilisation of the laser with
respect to a Fabry ë Perot resonator by the PDH method
represents in fact the phase locking of laser radiation to the
standing wave in the cavity.

To obtain the shape of the error signal, we consider the
case when the laser linewidth is much narrower than the
width of the transmission peak of the interferometer. In this
case, laser radiation excites a standing wave in the cavity
whose phase can differ from that of the exciting wave. By
neglecting the inêuence of phase-modulation harmonics on
the standing wave, we énd the amplitude A1 and phase
difference Df:

A1 �
ATJ0�fmod�

�1ÿ 2R 2 cos�2po=oFSR� � R 4�1=2
, (3)

sinDf � R 2

�1ÿ2R 2 cos�2po=oFSR��R 4�1=2
sin

�
2po
oFSR

�
, (4)

where oFSR � 2pc=(2L) is the free spectral range (in
frequency) of the cavity; c is the speed of light: and L is
the cavity length. This gives the error signal

Serr �
kA 2T 2R 3fmodJ

2
0 �fmod�

1ÿ 2R 2 cos�2po=oFSR� � R 4
sin

�
2po
oFSR

�
. (5)

A rigorous mathematical description of the signal shape
obtained by the PDH method is presented, for example, in
[12]. Figure 2a shows the typical error signal described by
expression (5). At the maximum of the cavity transmission,
i.e. for o � NoFSR, the error signal is Serr / oÿ noFSR,
corresponding to expression (2). Note that the shape of the
error signal depends considerably on the phase of a
reference signal used in heterodyning (Fig. 1). The signal
shape presented in Fig. 2 corresponds to the phase shift by
p/2 in a phase shifter.

A more complicated is the case of stabilising the
frequency of a laser with the linewidth greatly exceeding
the width of the transmission band of the cavity. It is this
situation that we are dealing with by stabilising a semi-
conductor laser emitting the line of width �1 MHz with
respect to a high-Q cavity with the width of the transmission
band 5 kHz. In this case, the error signal contains informa-
tion not only on the laser frequency detuning but also on the

Cavity

Laser

Frequency-locking
unit

LFF

Phase shifter

EOM

BM

Figure 1. Scheme for laser frequency stabilisation by the Pound ëDrever ëHall method: (EOM) electrooptical modulator; (BM) balance mixer; (LFF)
low-frequency élter.
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rapid phase noise [Serr / Df(t)] determining the initial
spectral linewidth on the unstabilised laser. It was shown
in [11] that the laser linewidth can be eféciently narrowed
down in this case as well by using the active stabilisation of
the cavity by the PDH method due to the presence of broad
dispersion wings of the error signal. In this case, the
emission spectrum of the stabilised laser is noticeably
transformed and its shape will depend considerably both
on the type of the phase noise of the unstabilised laser and
feedback loop parameters. For example, the emission
spectrum of an electronically stabilised diode laser exhibits
a narrow peak (carrier) of width �1 MHz located on a
pedestal of complicated shape (Fig. 2b). Similar spectra
were observed in experiments on the phase locking of diode
lasers to other radiation sources such as a femtosecond
frequency comb [13] or another diode laser [14]. In the case
of stabilisation of lasers of other types (for example, dye
lasers or Ti : sapphire lasers), the pedestal is less
pronounced.

3. Reference cavities

It is known that the distance between the mirrors of the
reference cavity almost completely determines the radiation
frequency of a stabilised laser. The cavity length depends
mainly on mechanical vibrations and thermal êuctuations.
To suppress the latter, the cavity body is made of materials
with low coefécients of thermal expansion and the cavity
temperature is stabilised. Seismic and acoustic vibrations

are suppressed by using various active and passive
suppression systems. In addition, in recent papers [9, 15]
the cavity conéguration was selected so that the sensitivity
to vibrations (accelerations) was minimised.

We manufactured earlier two 486-nm cavities (denoted
by 1 and 2) having the classical horizontal conéguration,
which were used to stabilise a dye laser [5]. Cavities of length
15 cm with a Q factor of 90 000 are shown schematically in
Figs 3a, b. These two cavities differ in the method of their
mounting on an optical table: cavity 1 was supported from
below by three bearings touching directly the optical table,
whereas cavity 2 suspended on long springs. Optical tables
on which the cavities were mounted were equipped with
active vibration compensation systems (Halcyonics).

To perform the spectroscopic study of the 1s ë 2s
transition in the hydrogen atom by using a semiconductor
laser system [7], we constructed two stabilisation systems for
972-nm cavities. These cavities (denoted by 3 and 4) had a
length of 7.5 cm and a Q factor of 420000 and were mounted
in the vertical conéguration (Fig. 3c).

The bodies of all the cavities were made of an ULE
(Ultra Low Expansion) glass [16] for which the relative
elongation of a sample of length l with temperature t is
described by the expression dl=l � 10ÿ8(tÿ tc)

2, where tc is
the so-called critical temperature, which lies usually in the
range from 0 to 20 8C. The cavities were housed in chambers
evacuated to 10ÿ8 bar with the help of ion ë getter pumps.
The temperature of cavities 1, 2, and 3 was stabilised by
using identical thermal stabilisation systems consisting of
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Figure 2. Central part of the error signal obtained by the PGH method by scanning the transmission band of the cavity by narrowband laser radiation
(a) and the emission spectrum of the diode laser stabilised with respect to the external stable cavity by the PDH method (b).
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Figure 3. Mountings of cavities used in experiments.
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two stages. The external stage maintaining a stable temper-
ature background around the vacuum chamber was based
on a six-channel relay scheme. Each channel maintained the
temperature of one of the six walls of the box surrounding
the chamber at a level several degrees above room temper-
ature with an accuracy of �100 mK at the sensor location.
An advantage of the relay scheme is its rapid response to
temperature variations. The internal stabilisation system
had a large time constant and maintained the temperature of
the vacuum chamber with an accuracy of 1 mK by means of
the integrated feedback loop. A disadvantage of this system
was that it could not provide the temperature stabilisation
with respect to the zero point of the ULE glass (t � tc),
which was considerably lower than room temperature in our
case (see below).

The system of temperature stabilisation of cavity 4
provided the cooling of the chamber. The cavity body
located in the vacuum chamber was surrounded by two
aluminium cylinders. Both between the cylinders and
between the external cylinder and vacuum chamber, Peltier
elements were located which were used to cool cylinders and
stabilise their temperature. The temperature stability pro-
vided by this system was considerably worse than that
ensured by the érst system. For example, the temperature
stability inside the cylinder could be maintained only with
an accuracy of 10 mK.

We measured the critical temperature tc for our ULE
glass sample. By using cavity 3 as a reference cavity and
varying the temperature of cavity 4 in the range from 7 to
20 8C, we found tc � 12:5 8C. The cavity body length at this
point is minimal and, therefore, the beat frequency between
laser éelds stabilised with respect to the corresponding
transmission maxima of cavities is maximal. Unfortunately,
the thermal expansion of a multilayer coating (38 Ta2O5 and
38 SiO2 layers of a total thickness �5 mm were deposited on
each mirror) exceeds the thermal expansion of the cavity
body, which imposes strict requirements on the thermal
stabilisation system.

The analysis of deformations of the cavity body during
its acceleration, for example, in the vertical direction showed
that the cavity conéguration with the horizontal axis is quite
sensitive to vibrations. This is clearly demonstrated by

computer simulations performed by using the Autodesk
Inverter software package (Fig. 4a). If the cavity is sup-
ported from below, acceleration in the vertical direction
elongates or compresses the cavity, resulting in a change in
the distance between mirrors and, therefore, in a change in
the radiation frequency of the stabilised laser. Note that it is
possible to éx the cavity at certain points to minimise this
effect. However, this requires a very careful individual
selection of éxing points for each cavity.

In another approach developed a few years ago (see, for
example, [17]), a cavity is suspended by the plane passing
through its centre of gravity. Thus, in the case of a vertical-
axis cavity shown in Fig. 4b, the vertical acceleration will
cause the symmetric deformation of its upper and lower
parts, thereby retaining the distance between mirrors with a
high accuracy because the decrease in the length of the
upper part of the cavity body is compensated by the
elongation of its lower part.

In this paper, we compared the spectral characteristics of
lasers stabilised with respect to cavities 1, 2, 3, and 4 shown
in Fig. 3.

4. Laser systems

We studied two laser systems shown schematically in Fig. 5.
The érst system ë a 486-nm Coumarin 102 dye laser, was
stabilised by the PDH method with respect to cavity 1 or 2.
In all experiments considered below, stabilisation with
respect to cavity 2 was used, the stabilisation parameters
remaining invariable. The laser frequency was controlled by
means of an intracavity electrooptical modulator (EOM), a
mirror on a piezoelectric ceramics and a galvanoplate. The
laser radiation was frequency-doubled in a second-har-
monic generator (SHG 1) to produce �20 mW of output
power at 243 nm for exciting the 1s ë 2s transition in the
hydrogen atom.

The second laser system was based on a semiconductor
laser with an external cavity in Littrow mounting [7]. The
laser radiation ampliéed in a tapered semiconductor
ampliéer up to 650 mW was frequency-doubled in two
stages (SHGs 2 and 3) to produce �10 mW of output power
at 243 nm. The laser was stabilised with respect to cavities 3

Cavities 1, 2

Cavities 3, 4

a b

Figure 4. Calculation of the deformation of model cavities under the action of acceleration 1g; cavity sizes are presented in Fig. 3; the numbers are
deformation in nanometres.
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and 4 at a wavelength of 972 nm. It was also possible to
stabilise it by cavity 1 by using the 486-nm second-harmonic
radiation at the output of SHG 2 (Fig. 5). The laser
frequency was controlled by varying the injection current
of the diode (proportional fast and integral slow channels)
and by rotating a diffraction grating.

Laser radiation was coupled into cavities through single-
mode ébres. Because radiation propagating in a ébre
acquires additional phase and amplitude noises, we used
classical schemes with an acoustooptic modular (AOM)
compensating these noises [18].

We studied the spectra of beat signals between radiations
from the diode laser system and the dye laser at wavelengths
486 and 243 nm. The dye laser was used as the reference
laser, while the parameters of the feedback system of the
semiconductor laser were varied. We also performed meas-
urements by using cavities 1, 3, and 4. The spectral cha-
racteristics of cavities 3 and 4 were investigated by using the
scheme shown in Fig. 6 which was proposed in [19].
Radiation from a diode laser stabilised with respect to
cavity 1 passed through AOM 1 and was coupled to
cavity 3. The error signal from cavity 4 was fed to the

frequency-modulation input of a voltage-controlled oscilla-
tor (VCO) which excited AOM 2. In this way the laser
radiation frequency was locked to the frequency of the
transmission band of cavity 3, while the éeld frequency at
the AOM 2 output proved to be stabilised with respect to
the maximum of the transmission band of cavity 4. In the
case of independent vibrations of cavities, the phase
êuctuations of laser éelds in front and behind AOM 2
prove to uncorrelated within the frequency band of the
feedback loop controlling the VCO. The spectral width of
the beat signal between these éelds gives the estimate of the
linewidth of a stabilised semiconductor laser with an
accuracy to a coefécient �1 depending on the shape of
the spectrum.

5. Power fraction in the carrier

We will analyse the emission spectrum of a stabilised diode
laser and its transformation upon frequency doubling by
using the following model. First of all, we will take into
account that the initial emission spectrum of a semi-
conductor laser is mainly formed due to rapid phase

FL
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Cavities 3 and 4
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Beat signal at 243 nm

Beat signal at 486 nm

AAOOMM

Figure 5. Schemes of laser systems: (AOM) acoustooptic modulator; (SHG 1, 2, 3) second-harmonic generators; (TA) tapered semiconductor
ampliéer; (FL) feedback loop in the PDH method.
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Figure 6. Scheme for measuring the linewidth of the diode laser (DL) stabilised with respect to cavity 3.
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êuctuations caused by spontaneous emission events and a
change in the carrier density (see, for example, [12]). Let us
assume that laser radiation at frequency o0 is stabilised in
phase with respect to another éeld with the phase f0(t),
which is `stored' in a high-Q cavity. Because the phase
stabilisation of the semiconductor laser is not ideal, the
laser radiation éeld E(t) � E0 cos�i(o0t� f0(t)� f(t))� has
the êuctuating phase component f(t). Fluctuations f(t) are
determined by the noises of the laser diode and electronic
elements used in the feedback loop, and therefore the
characteristic correlation time for these êuctuations is
�0:1 ms. The correlation time of the phase noise in the
cavity (the decay time of a wave in the cavity) is �100 ms;
therefore, we can set f0(t) � const. Let us also assume that
the residual phase noise is described by the normal
distribution

p�f� � 1������
2p
p exp

�
ÿ f 2

2f 2
rms

�
,

where frms is the root-mean-square phase deviation
appearing due to the incomplete response of the feedback
system. Then, the autocorrelation function RE(t) of the
laser éeld will have the form

RE�t� � hE�t�E�t� t�i � 1

2
cos�o0t�hcosDf�t; t�i, (6)

where the angle brackets denote averaging and
Df(t; t) � f(t� t)ÿ f(t). Because the laser-éeld phase is
actively stabilised, we have limt!1 cosDf(t; t) 6� 0. This
means that the Fourier transform of the autocorrelation
function (spectral power density of the process) will contain
the delta function at the frequency o0, which is called the
carrier frequency. The power fraction Z contained in the
carrier is proportional to hcosDf(t; t!1)i. We will
calculate this parameter taking into account that the noises
of the phase f at such times are not correlated:

Z /
� �1
ÿ1

� �1
ÿ1

cos�f2 ÿ f1�p�f1�p�f2�df2df1

� exp�ÿf 2
rms�. (7)

Because frms � 0, we have Z � 1, i.e. the éeld proves to be
monochromatic, and we obtain énally Z � exp (ÿ f 2

rms).
Upon frequency multiplication by n times (n-photon

process), the laser éeld phase is multiplied by Z 0. Taking this
fact into account, we obtain the power fraction

Z 0 � Z n 2

(8)

contained in the carrier after conversion to the nth
harmonic.

If radiation is multiply converted to higher harmonics,
the parameter Z 0 becomes critical. A typical example is the
so-called frequency chains [12] ë many stages of the non-
linear frequency conversion from the radiofrequency to
optical range. It was concluded in [20] that the single-stage
frequency conversion from the radiofrequency to optical
range is impossible due to the `carrier collapse' caused by the
increase in the noise power. Note that the optical comb
created in 2000 ë 2001 by using a femtosecond laser [21] is
free from this disadvantage due to a high short-term
stability of laser radiation, which allows the use of the
laser as a `êywheel' averaging the rapid phase noise of a
radiofrequency generator.

In our experiment on the two-photon spectroscopy of
hydrogen by using a semiconductor laser [7], the laser
radiation frequency is doubled in two stages and then
the 243-nm radiation is used to excite the 1s ë 2s transition
in the hydrogen atom. This process involves eight laser
photons, and the parameter Z 0 is equal to Z 64.

To study the validity of expression (8) in the optical
range, we compared the spectra of beat signals between
radiations from the stabilised dye laser and semiconductor
laser at 486 and 243 nm, respectively (see Fig. 5). The data
presented in Fig. 7a show that power fraction Z in the
carrier decreases after frequency doubling. We believe that
the pedestal is related only to êuctuations of the semi-
conductor laser radiation because the dye laser radiation is
characterised by phase êuctuations with longer correlation
times, which are mainly caused by acoustic vibrations in the
dye jet and vibrations of the laser cavity mirrors. In
addition, we found that the phase noise level can be varied
in a broad range by controlling the parameters of the
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feedback loop for the semiconductor laser by the PDH
method (for example, the ampliécation or time constants of
integrators). No changes in the spectrum with changing the
parameters of the PDH stabilisation system of the dye laser
were observed. By selecting feedback parameters, we
managed to achieve the maximum value Z486� 0:95 for
the second harmonic of the semiconductor laser, which
approximately corresponds to Z972 � 0:99 at the fundamen-
tal wavelength 972 nm or to the phase noise level frms � 68.
Figure 7b shows the mutual change in the power fraction
contained in the carrier at wavelengths 486 and 243 nm with
changing ampliécation in the feedback loop of the PDH
stabilisation system of the diode laser. The slope of the
étting straight line is 3:9� 0:2, in good agreement with
expression (8).

6. Spectral width of the carrier

The carrier has also the spectral width, which is mainly
determined by êuctuations of the distance between refer-
ence cavity mirrors. Because the general theory of the
spectrum of an oscillation with a randomly êuctuating
frequency is quite complicated, we consider only two
limiting cases of this theory [22].

Consider the electromagnetic oscillation of the éeld

E(t) � E0 cos

�
o0t�

�
O�t�dt

�
.

We assume that the distribution of the êuctuating part of
the frequency O(t) is described by the normal law

pO�O� �
1������

2p
p

Orms

exp

�
ÿ O 2

2O 2
rms

�
with the distribution width Orms and its average is zero,
hO(t)i � 0. For simplicity, we assume that the frequency
noise spectrum is white.

The érst case under study corresponds to large corre-
lation times tO for which OrmstO 4 1. The autocorrelation
function of this process is

RE�t� �
1

2
cos�o0t�

D
cos

� t�t

t

O�t�dt
E
�

� 1

2
cos�o0t�

� �1
ÿ1

cos�Ot�pO�O�dO. (9)

This gives the spectral power density of the process:

gE�o� �
E 2
0������

8p
p

Orms

exp

�
ÿ �oÿ o0�2

2O 2
rms

�
. (10)

Thus, gE(o) repeats the normal distribution of the
frequency noise. When the radiation frequency is multiplied
by n, the width of the spectrum also increases by n times.

The second case under study corresponds to small
correlation times for which OrmstO 5 1. In this case, the
model of phase diffusion with the diffusion coefécient
D � p

2
gO can be applied, where gO is the spectral power

density of the frequency noise O(t) [22]. The spectral power
density of the signal noise with phase diffusion is well
known:

gE�o� �
E 2
0

2p
D

D 2 � �oÿ o0�2
. (11)

The multiplication of the frequency of this process by n
leads to the multiplication of the spectral power density of
the frequency noise by n 2 and, therefore, the width of the
spectrum also increases by n 2 times.

Here a remark needs to be made concerning the possible
high-frequency phase noise of the signal. It is accepted that
the linewidth of stabilised lasers is the spectral width of their
carrier. However, if the carrier disappears after multiphoton
frequency conversion (`carrier collapse'), this deénition of
the laser linewidth becomes incorrect. In this case, it will be
more appropriate to consider the spectral width of the
pedestal, which can be greater than the initial width of the
carrier by many orders of magnitude.

Thus, depending on the relation between the frequency
noise level and the noise correlation time, the change in the
spectral width of the central emission maximum of a
stabilised laser after frequency multiplication can be sub-
stantially different. If the laser linewidth is determined by
low-frequency acoustic vibrations or temperature drifts of
the reference cavity, the laser line can be described by a
Gaussian (10). In the case of êuctuations with a small
correlation time, the shape of the carrier can be described by
a Lorentzian (11).
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We studied the emission spectra of the semiconductor
laser stabilised with respect to cavities 1 and 3 (Fig. 3),
which considerably differ in their sensitivity to vibrations.
Beat signals between radiations from the reference laser and
laser under study at 486 and 243 nm (Fig. 5) were mixed
with signals from a radiofrequency generator (with fre-
quency lowering to a few hundreds of hertz) and studied
with the help of a Fourier spectrum analyser.

Figure 8 shows the spectra of beat signals observed upon
stabilisation of the semiconductor laser with respect to
horizontal-axis cavity 1. The cavity was poorly isolated
from mechanical vibrations, which explains large linewidths
(spectra were recorded without averaging). The spectrum in
Fig. 8a is well approximated by a Gaussian of width
470� 20 Hz. The proéle of the beat signal at the doubled
frequency (at 243 nm) has the width 980� 30 Hz. This
means that the laser line is mainly broadened in this case due
to acoustic vibrations of the cavity having large correlation
times. Note that the contribution of the linewidth of the
reference dye laser to the observed linewidth can be
neglected.

Figure 9 presents similar spectra obtained upon stabi-
lisation of the semiconductor laser with respect to cavity 3

(each spectrum was averaged over 20 realisations). Due to a
low sensitivity of the vertical construction to vibrations (see
below), the contribution of the linewidth of the semi-
conductor laser to the observed linewidth is negligible in
this case. The beat signal is described by a Lorentzian of
width 6:1� 0:1 Hz. After frequency doubling, the linewidth
broadens by a factor of four up to 25:1� 0:1 Hz, in
accordance with analysis performed above. Most likely
noises with a small correlation time such as the laser
intensity noise and noises of electronic elements play an
important role in this case.

7. Characteristics of vertical-axis cavities

The spectral characteristics of the semiconductor laser
stabilised with respect to the vertical-axis cavity were
studied by using the scheme in Fig. 6 with equivalent
cavities 3 and 4. The beat signal measured in these
experiments is presented in Fig. 10a (averaging was
performed over 14 realisations and the recording time
was 8 s). The signal proéle is described by a Lorentzian
with a FWHM as small as 0.45 Hz, which satisées most
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rigid requirements imposed on laser systems used in
precision spectroscopy and atomic clock.

By measuring the frequency of the beat signal with a
frequency counter, we constructed the Allan deviation plot
(Fig. 10b) [23]. One can see that the relative instability of the
system does not exceed 10ÿ14 for the averaging time up to
100 s and then begins to increase due to temperature drifts.

We performed a number of measurements of the 1s ë 2s
transition in the hydrogen atom by using the laser systems
described above. The spectrum of the 1s ë 2s transition in the
hydrogen atom (the Lya emission line of the hydrogen atom)
(Fig. 11a) was recorded by using the semiconductor laser
stabilised with respect to horizontal-axis cavity 1. The
spectrum was obtained for an atomic hydrogen beam cooled
down to 5 K; in this case, the detection scheme recorded
signals only from atoms at velocities less than 150 m sÿ1. By
using the same laser system but stabilised with respect to
vertical-axis cavity 3, we recorded the spectrum of the 1s ë 2s
transition under similar experimental conditions (Fig. 11b).
A considerable narrowing of the spectrum is explained by
the better characteristics of the new reference cavity with the
vertical axis. These experiments have shown that our laser
system can be used for recording spectral lines of width
�1 kHz at 121 nm.

A comparison of the spectra obtained with the help of
the semiconductor laser system (Fig. 11) with the spectra
recorded by using the dye laser showed that excitation in the
former case was less efécient approximately by 60% [7].
Indeed, according to Eqn (8), Z121 � Z 64

972 � 0:9964 � 0:44, in
accordance with the experimental result.

8. Conclusions

We have studied the spectral characteristics of laser systems
for spectroscopy of the 1s ë 2s transition in the hydrogen
atom. The high-Q cavities of different conégurations were
manufactured and their sensitivity to temperature êuctua-
tions and vibrations was analysed. The evolution of the
shape of the emission spectrum after frequency doubling
was studied and the power fraction in the carrier and the
carrier width were determined.

It has been shown experimentally that the 972-nm
semiconductor laser actively stabilised with respect to the
vertical-axis cavity emits the line of width less than 0.45 Hz,
the power fraction in the carrier being �99%. The laser

instability does not exceed 10ÿ14 at averaging times less than
10 s.

By using this laser system, we have recorded the spectra
of the 1s ë 2s transition in the hydrogen atom and compared
them with the spectra recorded by employing other stabi-
lisation systems. It has been shown that the use of the
vertical-axis cavity provides the considerable narrowing
(down to 2 kHz) of the 1s ë 2s transition line of slow
hydrogen atoms in a cold beam.
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